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Abstract: In this review, we summarize the results concerning the application of artificial neural
networks (ANNs) in the crystal growth of electronic and opto-electronic materials. The main reason
for using ANNs is to detect the patterns and relationships in non-linear static and dynamic data
sets which are common in crystal growth processes, all in a real time. The fast forecasting is
particularly important for the process control, since common numerical simulations are slow and
in situ measurements of key process parameters are not feasible. This important machine learning
approach thus makes it possible to determine optimized parameters for high-quality up-scaled
crystals in real time.
Keywords: artificial neural networks; crystal growth; semiconductors; oxides

1. Introduction
The crystal growth has a multi-disciplinary nature where heat, momentum and mass transport
phenomena, chemical reactions (e.g., crystal and melt contamination) and electro-magnetic processes
(e.g., induction and resistance heating, magnetic stirring, magnetic breaks, etc.) play a crucial role.
Phase transformation, scaling problem (solid/liquid interface control on nm scale in growth system of
∼m size), numerous parameters (10 or more [1]) that have to be optimized, many constrains among
them, and especially the dynamic character of the crystal grow process, make its development a
difficult task.
The primary objective of this paper is to provide a comprehensive overview about the potential of
artificial intelligence (AI) in crystal growth by addressing pros and cons of the AI technology for the
enhancement of the growth of affordable high quality bulk crystals with higher aspect ratios.
Particular focus will be laid on the crystal growth of semiconductors, oxides and fluorides using
Czochralski (Cz), vertical gradient freeze (VGF), directional solidification (DS) and top seeded solution
growth (TSSG) methods.
The content of this paper is presented as follows: a general overview about the challenges in crystal
growth and potentials of AI is given. In this context, increased emphasis will be placed ANNs as a large
class of machine learning algorithms that attempt to simulate important parts of the functionality of
biological neural networks. Machine learning is a subarea of AI that attempts to imitate with computer
algorithms the way in which humans learn from previous experience.
This general overview is followed by introducing the reader to the basics of ANN modeling and
other relevant statistical methods. The next section gives examples of already successful applications of
ANN in the crystal growth. Finally, the main points and outlook of this highly industrially important
technique are summarized.
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2. Crystal Growth Challenges and AI Potential
The demand for low cost high quality bulk crystalline materials mainly for the electronic,
photovoltaic and automotive industries increases at a very high rate in the recent decade [2]. The key
challenge inherent in crystal growth is the fact that crystals are grown from melts at hostile process
conditions with high crystal contamination risks and long processing times (i.e., on the very small
spatio-temporal scales). Typically the growth processes last several days or a week and depend on
many process parameters that have to be optimized.
Despite many crystals of semiconductors, oxides and fluorides have a number of unrivaled
outstanding physical properties, their industrial production is limited by their low heat conductivity
that hampers latent heat removal and lowers growth rates. As a consequence, a curvature of the
crystallization front easily becomes concave, causing thermal stress within a crystal and an occurrence
of dislocations. If the critical shear stress is low, high dislocation density under lower thermal stress
will be induced, causing degradation of the crystal quality. A common approach to improve the
process economy is to increase the crystal growth rate and to scale up the ingot size, i.e., to increase its
diameter and its length. However, this is a difficult task.
In the past, the process development and optimization were based on general experiential learning
that is rather speculative when applied at the industrial scale or for growing new materials. Nowadays,
computational fluid dynamics (CFD) simulations combined with model experiments on a small scale
and close-to-real experiments on pre-industrial scale have helped understanding the crucial process
steps and factors determining the crystal growth [1]. A time-dependent CFD simulation of the real long
running growth process is accurate, but slow, particularly in 3D. There are three major origin of errors
in the CFD results: non-available or inaccurate material data, inadequate mesh and oversimplification
of the CFD model. The origin of error in the material data may come from neglecting or not knowing
their temperature dependence, anisotropy and/or their variable nature. The presence of poor-quality
mesh elements (e.g., in crystal neck) may cause the ill-conditioned problem of stiffness matrix during
the simulation, which could seriously affect the stability and convergence of a solver and the accuracy
of the solution [3]. The last origin of errors is related to oversimplification of the furnace geometry
(e.g., selection of a 2D model for non or partly axisymmetric geometry) and of selected physical models
(e.g., neglecting turbulence or selecting non-appropriate turbulence model, transient behaviour, etc.).
Model experiments are usually based on the crystal growth of model substances [4] at low
temperatures in small cylindrical crucibles. Alternatively, dummy solids are used at higher
temperatures, but below their own melting point. Since model experiments are associated with
severe simplifications: (i) the significant difference in material properties between model materials
and growth materials, (ii) radiation is a dominant mode of heat transfer at high growth temperatures,
but negligible near room temperature, (iii) rectangular geometry of the industrial equipment, and (iv) no
convective heat and mass transport exist in the dummy solids, the higher scale-up ratios based on
model experiments easily become speculative. The fundamental approach to scale-up is achieved
by applying a principle of similarity which involves maintaining constant from a small scale to the
commercial equipment the dimensionless groups (e.g., Reynolds, Grashof, Nusselt number, etc.)
characterizing the phenomena of interest. However, in complex crystal processes, this is difficult, if not
impossible, to attain. Nevertheless, the similitude analysis, even incomplete, enables one to identify
the most important growth determining steps.
Pre-industrial scale crystal growth experiments with industrial feedstock and corresponding
CFD simulations significantly improve the accuracy of the technology development for the industrial
applications, but seriously increase the developing time and costs for the new technology. Moreover,
crystal growth technology still strongly depends on labor skills/human ability that are always subject
to errors.
In consequence, it took, e.g., ca. 40 years to enlarge Si wafers diameter from 1 inch to 12 inch.
Artificial intelligence has been recently considered as the fundamental tool for obtaining knowledge
and analyzing cause-effect relationships in complex systems in a big-data environment, particularly
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for the optimization of process parameters and automation of manufacturing. Despite tremendous
success in many fields of science and industry, including solid state material science and chemistry [5,6],
wider applications in the crystal growth are still missing. The main reason lays in the fact that the
ultimate success of AI is usually linked with so-called 4V challenges: data volume, variety, veracity
and velocity. In the experimental crystal growth, large datasets are seldom available, the range of
useful process parameters is rather narrow and the data trustworthiness is an issue. The data veracity
is a challenge, since in situ in operando measurements of important process parameters are constrained
by the aggressive environment and high purity requirements. In the industry, the apparent volume
of data is high; however, due to the ageing of the equipment and often small changes in the growth
recipe and/or hot zone parts, the data veracity is questionable.
Recently, many different approaches were proposed in the literature how to tackle the 4V constrains,
e.g., to use CFD simulations to generate large and diverse datasets in combination with available
experimental data for validation. On the other hand, the volume of the needed training data can
be reduced by using advanced machine learning methods known as active learning and transfer
learning [7]. Various examples of the successful ANN applications will be presented in Section 4.
3. Artificial Neural Networks Overview
Machine learning is an area in computer science aiming to optimize the performance of a certain
task throughout learning from examples and/or past experience. Neural networks are by far the most
widespread technique of machine learning. There are many kinds of neural networks, differing most
apparently through the architecture connecting their functional units−Neurons (Figure 1), each with
their unique strengths that determine their applications. The most important neural network types for
materials science/crystal growth will be a topic of this chapter.
The Artificial Neural Network (ANN) is a statistical method inspired by biological processes in
the human brain able to detect the patterns and relationships in data. ANNs are particularly powerful
in correlating very high number of variables and for highly non-linear dependences [8].
An ANN is characterized primarily by its architecture, i.e., a set of artificial neurons and
connection patterns between them. The neurons are often organized into layers: an input layer,
hidden (intermediate) layers and an output layer (Figure 2). Each neuron acts as a computational unit.
It receives inputs xi , and multiplies them by weights wi (a synaptic operation) and then uses the sum
of such weighted inputs as the argument for a nonlinear function (somatic operation), which yields
the final output of the neuron y j (known as neuron activation). The whole ANN receives inputs by
neurons in the first layer, and provides output by the neurons in the last layer.
The most common activation function has been taken over from the logistic regression, well known
in statistics, which is why it is called logistic sigmoidal function f(x,w) (1):
y j = f (x, w) =

1
−(

1+e

Pn
i=1

(w j,i •xi +bi ))

(1)

By adjusting the weights w j,i of connections and biases bi of artificial neurons (process known as
ANN training), one can obtain the targeted output y j for a specific combination of inputs xi . The final
goal of ANN training is to adjust the weights and biases to minimize some kind of error E measured
on the network.
For crystal growth, the most relevant kind of error is the sum of squared differences between
the outputs y j of the network and the desired output o j , summed over all the neurons in the output
layer (2):
X
2
E(x, w, o) =
yj − oj
(2)
j
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The weights can be, in the simplest case, adjusted using the method of gradient descendent [9]
with constant learning rate η (3):
𝜕𝐸
∂E
Δ𝑤
(3) (3)
∆w, j,i==−𝜂
−η
𝜕𝑤
∂w j,i,
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Prior to ANN training, it is necessary to select its architecture, the activation function and
training method.
A suitability of different ANN architectures is most reliably compared by the k-fold cross
validation method [11]. First, the training set is partitioned into k subsets. For each architecture, the
training is performed k times, each time using one of the subsets as the validation set and the
remaining subsets as the training set. In the next step, the architecture that had the smallest error
averaged over the validation sets from the k runs is selected. Finally, the network with that
architecture is used to train with all of the data. In traditional feed-forward neural networks with one
or only few hidden layers (so called shallow networks), three training algorithms are most frequently
used: Levenberg–Marquardt, Bayesian regularization and Scaled conjugate gradients [10]. After
being trained, the ANN model reflects the relationship between the input and output of the system.
Figure
2. Example
of aoffeed-forward
ANN:
(a) (a)
neuron,
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If an ANN is expected to correlate variables evolving in time, a dynamic ANN should be used
[12]. The forecasting of time series is a typical problem in process control applications [13]. The
response of a dynamic ANN at any given time depends not only on the current input, but on the
history of the input sequence. Consequently, dynamic networks have memory and can be trained to
learn transient patterns. Temporal information can be included through a set of time delays between
different inputs, so that the data corresponds to different points in time. There are several types of
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Levenberg–Marquardt, Bayesian regularization and Scaled conjugate gradients [10]. After being
Figure 2. Example of a feed-forward ANN: (a) neuron, (b) architecture.
trained, the ANN model reflects the relationship between the input and output of the system.
If an ANN is expected to correlate variables evolving in time, a dynamic ANN should be used [12].
If an ANN is expected to correlate variables evolving in time, a dynamic ANN should be used
The forecasting of time series is a typical problem in process control applications [13]. The response of
[12]. The forecasting of time series is a typical problem in process control applications [13]. The
a dynamic ANN at any given time depends not only on the current input, but on the history of the
response of a dynamic ANN at any given time depends not only on the current input, but on the
input sequence. Consequently, dynamic networks have memory and can be trained to learn transient
history of the input sequence. Consequently, dynamic networks have memory and can be trained to
patterns. Temporal information can be included through a set of time delays between different inputs,
learn transient patterns. Temporal information can be included through a set of time delays between
so that the data corresponds to different points in time. There are several types of dynamic ANN models
different inputs, so that the data corresponds to different points in time. There are several types of
that can be used for time-series forecasting: e.g., Long Short-Term Memory (LSTM), Layer-Recurrent
dynamic ANN models that can be used for time-series forecasting: e.g., Long Short-Term Memory
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(LSTM), Layer-Recurrent Network (LRN), Focused Time-Delay Neural Network (FTDNN), the
with Exogenous Inputs (NARX) [14,15].
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NARX are time-delay recurrent networks suitable for short time lag tasks. They have several
NARX are time-delay recurrent networks suitable for short time lag tasks. They have several
hidden layers that relate the current value of the output to: (i) past values of the same variable and (ii)
hidden layers that relate the current value of the output to: (i) past values of the same variable and
current and past values of the input (exogenous) variables (Figure 3). Such a model can be described
(ii) current and past values of the input (exogenous) variables (Figure 3). Such a model can be
algebraically by Equation (4):
described algebraically by Equation (4):
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Figure 3. Example of a recurrent NARX ANN architecture with 1 hidden layer, m neurons and n
Figure
3. Example of a recurrent NARX ANN architecture with 1 hidden layer, m neurons and n time
time delays.
delays.

The input i[t] of the NARX network has dxNx + dyNy components:
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Σ(  ,…, )  = 𝐾 𝑥 , 𝑥  + 2𝜎 𝐼 , 𝑖, 𝑗 = 1, … , 𝑛,
Σ(x1 ,...,xn ), = K xi , x j + σG In , i, j = 1, . . . , n,
i,j

(14)
(14)

where 𝐼 denotes the 𝑛-dimensional identity matrix. One possible covariance function is defined in
where In denotes the n-dimensional identity matrix. One possible covariance function is defined in (15),
(15),

2


 kxi𝑥− x−j k𝑥

2

exp−
(15)
(15)
𝐾 𝑥K, 𝑥xi , x j==𝜎σ exp
− 2σ2 
f
2𝜎
l
where 𝜎 and 𝜎 are GP hyperparameters, i.e., signal variance and the characteristic length scale of
Gaussians in the space ℝ𝒌 , respectively. The hyperparameters and the Gaussian noise dispersion 𝜎
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where σ2f and σ2l are GP hyperparameters, i.e., signal variance and the characteristic length scale of
Gaussians in the space Rk , respectively. The hyperparameters and the Gaussian noise dispersion σ2G are
usually estimated with the maximum likelihood method, i.e., through maximizing the density (13) of
(Yx1 , . . . , Yxn ) corresponding to the vector ( y1 , . . . , yn ) from a given training set ((x1 , y1 ), . . . , (xn , yn )).
Once the hyperparameters have been estimated, allowing to compute the value K(x, X0 ) for any x, X0 Rk ,
(13) and (14) can be used to predict the distribution of Yx∗ for any x∗ , x1 , . . . , xn . This yields:


|

Yx∗ ∼ N µ(x∗ ) + (K(x∗ , x1 ), . . . , K(x∗ , xn ))Σ(x1 ,...,xn ) −1 y1 , . . . , yn , Σ̂x∗

(16)

where Σ̂x∗ = K(x∗ , x∗ ) + (K(x∗ , x1 ), . . . , K(x∗ , xn ))Σ(x1 ,...,xn ) −1 (K(x∗ , x1 ), . . . , K(x∗ , xn ))| .
When combining ANN and GP, i.e., if trained ANN is used as the GP mean function (Equation (13)),
more information will be obtained about the system than from one single method. ANN offers
information about the functional dependence among the variables and GP about the random influences.
4. AI Applications in Crystal Growth: State of the Art
The application of ANNs in the crystal growth received much attention in the last decade. Still the
studies are rare [18,23–37]. Only part of them were devoted to the crystal growth of semiconductors
and oxides [18,26–33,36,37]. Up to now, there have been two main research topics: optimization
of the crystal growth process parameters and crystal growth process control by static and dynamic
ANNs, respectively.
4.1. Static ANN Applications
Concerning static applications, in the papers [25,26,29,31], feed-forward networks of either
the mono- or multi-layer perceptron type were used to model dependences pertaining to crystal
growth process.
In [26], TSSG of SiC crystals for power devices was studied. To make high-quality large-diameter
(8 inch) SiC crystals using the TSSG method able to compete commercially standard SiC crystals grown
by sublimation method, it is necessary to optimize the spatial distribution of supersaturation and the
flow velocity in the solution (Figure 7a). In the literature, it was reported that solution flow from the
center to the periphery gave rise to a smooth surface on the crystal [38]. The beneficial supersaturation
distribution is the one in which the supersaturation near the seed crystal is relatively high and the
supersaturation near the crucible bottom and wall is low. The TSSG optimization is a challenging
task since the velocity and supersaturation depend on many process parameters (e.g., heater power,
crucible position and rotation, seed crystal position and rotation, growth configuration of the heat
insulator, crucible shape, and crucible size) that must be optimized simultaneously. Moreover,
these parameters need to be optimized with respect to multiple objectives.
Common experimental and CFD approaches to the optimization of the process parameters are
laborious and time consuming. The authors of [26] proposed the application of ANN for acceleration
of CFD simulations, combined with GA for the process optimization. The database for the ANN
training was derived from CFD simulations. Resulting feed-forward ANN with 4 hidden layers was
derived from 1000 steady axisymmetric CFD simulated process recipes, able to correlate 11 inputs
(boundary temperatures, seed rotation rates, sizes of the crucible and seed and spatial coordinates (r,z)
of 400 points in the axisymmetric computational domain) with 3 outputs (flow velocity components
(radial ur , axial uz ) and chemical composition of the solution in the points in the computational
domain shown in Figure 7b. The comparison of the ANN and CFD predictions of the flow and
concentration patterns are shown in Figure 7c. The ANN predictions mimicked the CFD results and
were 107 times faster than the corresponding CFD simulations, enabling also fast optimization of the
process parameters in the large parameter space. The superposition of the GA to the ANN prediction
model enabled more optimum conditions to be found. The prediction of the growth conditions for
upscaled SiC crystals using the same methodology was the topic of the authors’ further papers [32,33].

supersaturation distribution is the one in which the supersaturation near the seed crystal is relatively
high and the supersaturation near the crucible bottom and wall is low. The TSSG optimization is a
challenging task since the velocity and supersaturation depend on many process parameters (e.g.,
heater power, crucible position and rotation, seed crystal position and rotation, growth configuration
of the heat insulator, crucible shape, and crucible size) that must be optimized simultaneously.
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Concerning the proposed method of CFD acceleration by ANN for optimization purposes,
the question is often raised whether it is worth training ANN using thousands of CFD simulations or it
is more efficient way to increase the computational power to perform solely the CFD simulations of the
required case? The answer may lay in the economics of scale. The number of CFD cases that one has to
run is exactly proportional to the processing power, while the number of cases that one avoids running
because one has a trained ANN can by many orders of magnitude exceed that. Therefore, the more
parameters to optimize, the better is the economy of ANN method for high speed predictions of CFD
results. Nevertheless, the strength of ANNs in CFD modelling is more in model deduction, not in
replacing the solver itself.
More researchers studied the application of static ANN combined with GA [18,31] or the Adam
optimization method [39] for the optimization of parameters affecting the crystal growth [26].
For example, the prediction and optimization of parameters affecting the temperature field in the
Czochralski growth of YAG crystals using data based on axisymmetric steady state CFD simulations
was studied in [18]. In the Czochralski crystal growth process, a flat crystallization front during the
growth assures production of single crystals with less structural defects, uniform physical properties
and homogenous chemical composition. The study was focused on the influence of the crystal pulling
rate, crystal rotational rate, ambient gas temperature and temperature of crucible on the deflection
and the position of the crystallization front. The ANN with 4 inputs, 1 hidden layer and 2 outputs,
derived from only 81 simulations was used. The CFD results were verified with Cz-InP growth
experiments published in [40] (Figure 8b). Moderate accuracy of the ANN predictions may originate
either from simple architecture of the ANN and low number of training data or from inaccurate CFD
results used for ANN training. The latter may be an issue due to the over simplified CFD model
(e.g., simple boundary conditions and steady state assumption) and verification of the obtained results
using the crystal growth experiments for another material. This example of the ANN application
revealed the greatest drawback of the usage of ANNs if based on CFD data. ANN strongly rely on the
training data veracity. It can only extract information which is present in the input and map it into
its training set, but ANN cannot compensate the inaccuracy of the CFD results in cases of a lack of
experimental validation of the data.
Another example of the application of static ANN for optimization tasks is described in [37].
The authors addressed the common problem of accurate monitoring of temperatures during the
directional solidification of silicon (DS-Si) with limited number of thermocouples. They used 195 data
sets generated by 2D CFD modeling to train ANN with 8 inputs (3 temperatures of heaters, 4 equidistant
temperatures along the crucible side wall and 1 crucible axial position) and 21 outputs (21 equidistant
temperatures along the crucible side wall). The best predictions were obtained for the architecture
with 2 hidden layers with 32 neurons. The top ten ranks of accurate temperature predictions contain
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positions around the crucible bottom, suggesting the importance of measuring temperatures in the
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the probability distribution of the output for every given combination of inputs (Figure 9c).
Analyzing the GP results shown in Figure 9c, it can be noticed the uneven narrowness in the
spatial probability distribution. From the way how a GP was constructed follows that the uncertainty
of the GP predictions depends on local data density, i.e., if there is a high density of training data,
variance of the predicted Gaussian distribution is small, while for outliers or in sparsely populated
regions of input space, it has a large variance. In view of this, a combination of ANN and GP offers
more information than one single model, i.e., ANN offers information about the functional dependence
and GP about the random influences.
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paper [31]. In this study, 54 transient axisymmetric 2D CFD simulations were used to derive the
Fitness weights in Equation (17) were selected in cooperation with the industry where thermal
cooling rates of two heaters and the velocity of the heat gate during directional solidification of 850
stress is the most important factor to cause dislocations in crystal and therefore was assigned the
kg quasimono Si crystals in industrial G6 size furnace. These rates were correlated with crystal quality
highest weight value. Compared with the original crystal growth recipe, the optimized recipe has
(i.e., thermal stress in crystal and solid/liquid interface deflection) and growth time using static ANN
faster movement of the heat gate and larger cooling rate of the top heater, but smaller cooling rate of
with 3 inputs, 1 hidden layer and 3 outputs (Figure 10). The growth recipe for the solidification step
the side heater. Moreover, the cooling rates of both heaters in the optimal recipe decrease slightly with
was optimized using GA. The total fitness of the evaluation was defined in Equation (17).
time. The authors found out that the optimization of the process for coupled ANN with GA is about
45 times faster than in the
with+CFD.
CFD
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faster.
The drawback is the use of heating rates as static ANN inputs, since they are not experimentally
measurable during the crystal growth process. Typical crystal growth furnaces use either power or
temperature control of heaters. Therefore, this approach is not suitable for process control and
automation.
Moreover, the proposed methodology aims to find the optimum of ANN, not
Crystals
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Another concept for coping with process dynamics was proposed in a proof-of-concept study [28],
where transient 1D CFD results of the simplified VGF-GaAs model provided the transient datasets of 2
heating powers and 5 temperatures at different axial positions in the melt and crystal and position of
solid/liquid interface. Altogether 500 datasets were used for training a NARX type of dynamic ANN.
The best results were obtained for NARX architecture with 2 inputs, 2 hidden layers with 9 and 8
neurons, 6 outputs, and 2 time delays (Figure 11b). The predictions were accurate for the slow growth
rates (Figure 11c), but their accuracy decreased with the increase in the crystal growth rate. Beside a
need for improved accuracy, for the practical application in process automation and control, it will be
necessary to derive datasets from axisymmetric CFD simulations.
One more example of the application of dynamic ANN in the crystal growth of semiconducting
films was presented in [36]. By Metal Organic Chemical Vapor Deposition (MOCVD) growth of GaN
for microelectronic and optoelectronic devices, accurate temperature control is needed to maintain
wavelength uniformity, control wafer bow and reduce wafer slip. It was reported on the development
of a dynamic NARX ANN for a prediction of time series of 2 temperatures (2 outputs) given a time
series of 2 heater filament currents, carrier rotational rate and operating pressure (4 inputs). The time
series predictions served as a plant model in model predictive control. Very accurate predictions
of temperatures with error ~1 K were obtained for the NARX architecture with 1 hidden layer of
10 neurons and 2 delays.
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factors relevant for their success and thus contribute to the theory development and (3) ultimate
reliable criterion for successful explanation of new theoretical models, free from error-prone human
judgement. Concerning crystal growth applications, the need for affordable high quality crystals of
semiconductors and oxides is continuously increasing, particularly for the electronic and photovoltaic
industries, i.e., for solar cells, electric and fuel cell vehicles. Fast optimization of the process parameters
and their exact control is a key for enhanced crystal growth yield and improved crystal quality.
The next generation of smart crystal growth factories will use AI and automation to keep costs low and
profits high.
In this paper, we reviewed the recent ANN applications and discussed their advantages and
drawbacks. The latest international activities have been devoted to the development of sustainable
infrastructure for the provision of experimental, theoretical, and computational research data in the
field of condensed-matter physics and materials science. Once available, the usage of open source big
crystal growth data will resolve the last bottleneck for ANN applications and will strongly push the
development of new breakthrough crystalline material-based technologies. Until then, the volume of
required training data may be reduced by using advanced machine learning methods known as active
learning [49–53].
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